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Abstract
Systems that are formed by massively distributed mo-

bile resources, such as satellite constellations, often pro-
vide mission-critical functions. However, many existing
quality-of-service (QoS) management concepts cannot be
applied to those systems in a traditional way, due to the
continuously changing readiness-to-serve of their mobile
resources. In this paper, we describe a case study that
investigates a method called “opportunity-adaptive QoS
enhancement (OAQ).” Driven by an application-oriented
QoS objective, the method focuses on a solution that per-
mits a structurally degraded constellation to deliver signal-
position-determination (geolocation) results with the best
possible quality. More specifically, the OAQ algorithm en-
ables iterative geolocation accuracy improvement by let-
ting neighboring satellites coordinate, and by progressively
expanding the scale of this coordination in the window of
a dynamically determined opportunity. For effectiveness
demonstration, we define a QoS measure and solve it an-
alytically. The results show that the OAQ approach signif-
icantly enhances a constellation’s ability to deliver service
with the quality at the high end of a QoS spectrum, even in
presence of structural degradation.

1 Introduction

As micro-electro-mechanical systems and wireless net-
working technologies advance, it is anticipated that many
critical applications will rely on a class of systems that
are composed of massively distributed mobile resources.
Examples of such systems include micro-UAV (unmanned
aerial vehicle) swarms that perform coordinated actions in
hazardous environments for damage control or monitor-
ing, and micro-satellite constellations in which hundreds
of nodes coordinate for formation flying, surveillance, and
communication. While their quality of service (QoS) is usu-
ally mission-critical, they are often vulnerable to failures
caused by adverse space-environment conditions, physical
or other types of inadvertent faults, and malicious attacks.
In addition, due to their mobile nature, the readiness-to-
serve [1] of individual computing resources in those sys-

tems changes dynamically and continuously, making tradi-
tional redundancy-based fault tolerance schemes and QoS
management concepts difficult to apply.

In spite of their importance, fault tolerance and QoS
management for systems built on massively distributed mo-
bile resources have not yet received enough attention. To
the best of our knowledge, aside from the efforts concern-
ing reliable inter-satellite and ground-to-satellite commu-
nications (see [2, 3], for example), no significant work
has been devoted to method development for mitigating
the effects on application-oriented QoS of satellite-failure-
caused, constellation-structure degradation.

With the above motivation, we carry out a case study
to investigate a framework that allows us to exploit mo-
bile resource redundancy to mitigate the effects of a con-
stellation’s structural degradation on geolocation accuracy
(i.e., the accuracy of locating a signal-emitter on the earth).
Accordingly, our QoS objective is to guarantee the timely
delivery of geolocation results with the best possible accu-
racy. As this QoS objective necessitates a cohesive formu-
lation of fault-tolerant satellite constellation operation, our
method derivation is based on the integration of concepts
and techniques across the areas of satellite constellation and
fault-tolerant computing. Specifically, it has been shown
in the satellite research literature that sensor measurements
accumulated by neighboring satellites that successively fly
over a signal emitter can support an iterative weighted least-
square algorithm and thereby enable a mechanism called
sequential localization to reduce errors in signal-position
determination [4, 5]. Although the original purpose of
this mechanism was to circumvent the difficulties caused
by satellite capacity inadequacy (e.g., an insufficient num-
ber of onboard sensors) or noisy space environments, the
synergy between the theoretical basis of sequential local-
ization and the concepts of data diversity [6] and environ-
ment diversity [7] associated with fault-tolerant computing
suggests that sequential localization can be judiciously ex-
ploited for tolerating the effects of failure-caused loss of
satellites on geolocation quality. We thereby develop an al-
gorithm which lets two or more surviving satellites that con-



secutively revisit a signal location coordinate for iterative
geolocation-accuracy enhancement, in a situation in which
satellite failures reduce a constellation’s “density” and make
it no longer possible to let multiple satellites simultaneously
“co-visit” the location to ensure result accuracy.

Moreover, the highly dynamic nature of satellite con-
stellations leads us to introduce to the algorithm a concept
called opportunity-adaptive QoS enhancement (OAQ). Ac-
cordingly, the algorithm permits the coordinated, iterative
geolocation-accuracy enhancement to be carried out in an
aggressive fashion, by continuously expanding the scale of
the coordination among peer satellites within a “window of
opportunity.” From temporal perspective, the window of
opportunity is dynamically determined by the alert-message
delivery deadline and signal duration. From spatial per-
spective, the opportunity is characterized by the number of
mobile resources that are able to join the coordinated it-
erative geolocation computation. More specifically, those
resources include 1) the satellites that happen to be in the
range that allows their footprints1 to cover the signal loca-
tion at the initial detection, and 2) those satellites whose
routine traveling patterns bring their footprints to the target
location subsequent to the initial detection and within the
window of opportunity.

The central purpose of this paper is to demonstrate the
effectiveness of the OAQ framework. Hence, in addition to
describing the algorithm, we conduct a model-based quan-
titative evaluation to analyze the QoS gain from the use of
the OAQ algorithm. The model is constructed based on
a reference satellite constellation that is designed for de-
tection and position localization of radio-frequency (signal)
emitters [8]. Through analyzing the evaluation results, we
show that the OAQ framework significantly enhances the
system’s ability to deliver service with the quality at the
high end of an application-oriented QoS spectrum, even af-
ter a significant number of satellites are lost due to faults.

The remainder of the paper is organized as follows. Sec-
tion 2 provides background information. Section 3 de-
scribes the OAQ framework in detail, followed by Section
4 which presents an analytic model and discusses the eval-
uation results. Concluding remarks are given in Section 5.

2 Degradable QoS in Satellite Constellations

Since our objective is to investigate fault tolerance and
QoS issues in the systems that are formed by massively dis-
tributed mobile resources, the types of satellite constella-
tions we are concerned with are LEO (low earth orbit) con-
stellations that comprise a large number of small satellites.
Moreover, we focus on tactical and strategic applications.
Hence, we view accuracy of signal-position determination
as a crucial QoS property of a satellite constellation.

1The area on the earth that is covered by a satellite is referred to as the
footprint of that satellite.

For clarity of illustration, we use the constellation shown
in Figure 1 as the reference constellation. However, the
OAQ framework will also be applicable for other systems
of similar types, and is anticipated to be more effective for
systems built on very large populations of nodes, such as
pico-satellite constellations. As mentioned in Section 1, this
reference constellation is designed for geolocation of radio-
frequency (RF) emitters for surveillance applications.

The constellation is formed by seven orbital planes. (In-
formally speaking, an orbital plane is a ring-shaped trajec-
tory along which satellites travel around the globe.) Each of
the planes consists of 14 micro-satellites that are intended to
be active in service, and two in-orbit spares that can be de-
ployed to replace any failed satellites in the same orbital
plane. Therefore, the constellation consists of 98 active
satellites and 14 in-orbit spares (for a total of 112 satellites).

Figure 1: The Reference RF Geolocation Constellation

Figure 1 shows that when the constellation has 98 opera-
tional satellites, it offers a full earth coverage. Furthermore,
every earth location will be covered by at least one satellite
and a large portion of the globe (especially in the areas of
high latitude) is covered by overlapped footprints. However,
the geometry of the constellation will change if satellites are
lost due to physical failures or malicious attacks. Specifi-
cally, when an orbital plane loses satellites after exhausting
its spares, the surviving satellites will undergo a phasing ad-
justment so that they can be evenly distributed in the plane
again. As a result, the overlapped portion of the footprints
of adjacent satellites will shrink, which makes it less likely
that a target will be captured simultaneously by multiple
satellites. When more satellites fail, the footprints of sur-
viving satellites will eventually become detached (we use
the term “underlapping” to refer to this case in the remain-
der of this paper). Figures 2(a) and 2(b) illustrate the types
of geometric orientation a plane may exhibit. In the figures
(where we rotate the axis of the earth 90◦ clockwise), the
top dashed line indicates an orbital plane, while the small
solid dots represent the satellites traveling in that plane; the
shaded ovals are the satellites’ footprints and the cellular
phones emitting RF signals are the assumed targets.
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Figure 2: Node-Failure-Caused Structural Degradation

As illustrated in Figures 2(a) and 2(b), we define revisit
time, Tr[k], as the time interval from the instant the cen-
ter of a satellite’s footprint passes a location on the earth
to the instant the center of the footprint of the next satel-
lite (in the same plane) passes the same location, given that
the plane has k active operational satellites. (Tr[k] can also
be viewed as the distance, measured in time units, between
the two satellites.) Note that K, the number of operational
satellites that are actively in service in an orbital plane, is a
random variable, since satellites in the plane fail over time.
Further, we use the term “coverage time,” denoted by Tc, to
refer to the maximum amount of time that a location on the
earth can be covered by the footprint of a single satellite.
Note that the length of Tc can be “visualized” as the diam-
eter of a footprint, as shown in Figures 2(a) and 2(b). From
the definitions of Tr[k] and Tc, it follows that the geomet-
ric orientation of the footprint trajectory of an orbital plane
can be determined by the relations between Tr[k] and Tc.
More precisely, Tr[k] < Tc and Tr[k] ≥ Tc imply footprint
overlapping and underlapping, respectively.

The geometric orientation changes will affect the QoS
of geolocation computation. In particular, when footprints
overlap, it is possible that a target will be covered simul-
taneously by the footprints of adjacent satellites, which we
call simultaneous multiple coverage. When two or more
satellites observe a target at the same time, a measurement
collection that is significantly more extensive than that from
a single satellite can be obtained. With the added measure-
ments, the ambiguity problem will practically disappear, re-
sulting in a dramatic improvement of positioning accuracy
[4]. Nonetheless, even when all satellites in the constella-
tion are functioning, it is still possible that a target is cov-
ered by only a single satellite, as the earth is not completely
covered by overlapped footprints.

When a constellation successively experiences structural
degradation due to loss of satellites, footprints will eventu-
ally become underlapping, as shown in Figure 2(b). If that
happens, a target will be covered by a single footprint at a
time at best, thus preventing geolocation results from hav-
ing high accuracy. In the worst case, a target could escape
from surveillance, if 1) the signal starts when its location is
not covered by any footprints, and 2) the signal stops before
the nearest footprint moves to that location.

The above discussion implies that a constellation’s struc-
tural degradation will lead to its QoS degradation. Further-
more, since the readiness-to-serve of each surviving satellite
varies over locations and time, and since signal occurrence
and duration are unpredictable, the extent to which we can
pursue QoS enhancement in a structurally degraded con-
stellation cannot be determined even if the geometric orien-
tation of the constellation is known. In turn, those factors
collectively suggest that an effective solution for QoS opti-
mization should be opportunity-adaptive. Accordingly, we
develop a framework as described in the next section.

3 OAQ Framework

3.1 Overview
It has been shown in the research literature that infor-

mation from diverse sources can help resolve ambiguity in
signal position determination. Those information includes
earlier measurements and previously calculated position co-
ordinates. Further, delayed position determination (termed
as sequential localization) may help reduce errors in cal-
culation because another satellite may appear in the range
in time to cover the target, and additional measurements
can thus be accumulated to support an iterative weighted
least-square algorithm [4, 5]. Although the original pur-
pose of sequential localization was to circumvent the dif-
ficulties associated with satellites that are not adequately
equipped (with respect to quantity and capability of sensors)
or to tolerate noisy space environments, the mechanism can
be judiciously exploited for mitigating the effects of a con-
stellation’s structural degradation on geolocation accuracy.
Specifically, we can let two surviving satellites that con-
secutively revisit the target coordinate for iterative position
determination, in the circumstance where satellite failures
reduce a constellation’s “density” so that footprints become
underlapping.

We can take a similar approach to QoS enhancement in
the situation where the constellation has enough operational
satellites such that an appreciable portion of its earth cover-
age is made up by overlapped footprints. Specifically, if a
signal is initially detected by a single satellite, we can with-
hold the preliminary result and wait to see whether over-
lapped footprints will arrive at that location before reaching
the deadline for alert-message delivery2. If so, simultaneous
multiple coverage will ensure a high-accuracy geolocation
result which requires no further satellite coordination; oth-
erwise the preliminary result will be enclosed in the alert
message and sent to the ground.

While reaching a simultaneous coverage in the overlap-
ping case implies the attainment of a geolocation result
with the best quality and thus marks the completion of QoS

2The deadline means the latest time (measured from the initial detection
of a target) by which the alert message must be sent.



optimization, the iterative QoS enhancement based on se-
quential localization in the underlapping case can be car-
ried out progressively. Informally speaking, as additional
information from diverse sources enables further accuracy-
improvement iterations, we can continue to exploit the
satellites that consecutively revisit the signal location until
1) the estimated error of the geolocation result drops below
a threshold, 2) the alert-message delivery deadline becomes
too close to allow another iteration, or 3) the signal termi-
nates. Since this mechanism takes advantage of multiple
satellites that revisit a signal consecutively, we call it se-
quential multiple coverage.

Our framework is thereby an approach to progressive
QoS enhancement via continuously expanding the scale of
the coordination among peer satellites, throughout a win-
dow of opportunity. While satellite coordination plays
an important role in the framework, coordination expan-
sion and termination are enabled by message-passing over
crosslinks between neighboring satellites, as described in
the next subsection.

3.2 Algorithmic Approach
Figure 3 provides several snapshots of a QoS optimiza-

tion process, which illustrate how peer satellites coordi-
nate through message-passing at different stages. As shown
in Figure 3(a), if S1, the first satellite that detects the
signal, sees further opportunity for QoS enhancement af-
ter completing its geolocation computation, it will send a
coordination-request message to a peer S2 that is expected
to visit the target next. This message contains the ini-
tial measurements and preliminary result. By receiving the
message, S2 will obtain the information it needs for the next
iteration of geolocation computation. Consequently, when
its footprint moves to the target location, S2 will be able to
generate a result with better accuracy.

The coordination process will continue (see Figure 3(b))
along the chain consisting of satellites that revisit the target
one after another3. Whereas the coordination will terminate
when one of the following conditions becomes true:

TC-1) The estimated error becomes sufficiently small;

TC-2) The elapsed time since the initial detection ex-
ceeds a threshold; or

TC-3) The signal stops.

While TC-1 and TC-2 can be routinely checked at the
end of each accuracy-improvement iteration so that the
satellite that performs the computation can decide whether
it should ask another peer to join the coordination, TC-3

3For the sake of illustration, we assume here that the target is located
near the center line of a plane’s footprint trajectory so that the chain of
coordinating satellites coincides with a portion of that plane. However, the
algorithm itself is general and is not derived based on that assumption.

can become true after a coordination request is made. Fur-
thermore, the coordinated optimization is highly distributed
in nature, meaning that there is no team leader or decision
authority. Accordingly, coordination termination is also en-
abled by message-passing between peer satellites, similar
to coordination expansion. More specifically, as shown in
Figure 3(c), when a satellite Si+1 completes computation
and realizes that further coordination for QoS enhancement
is impossible or unnecessary because one of the termination
conditions holds, the satellite will enclose the final result in
an alert message and send it to the ground station. Mean-
while, Si+1 will send a “coordination done” message to Si.
The notified Si will then pass the message to Si−1, and so
on. In this manner, S1, the satellite that performed the ini-
tial geolocation, will be notified at the end, as illustrated in
Figure 3(d).

Now suppose that Si does not receive a “coordination
done” notification from Si+1 when the elapsed time since
the initial detection exceeds a threshold which is a func-
tion of the alert-message-delivery deadline and Si’s ordinal
number i (as described in the next paragraph). Then Si will
assume that Si+1 is unable to deliver the alert message be-
cause TC-3 becomes true before Si+1’s footprint arrives at
that location, as illustrated in Figure 4 (where the shaded
cellular phone with no emission represents a terminated sig-
nal). Consequently, Si will treat its result as the final result
and send it to the ground. Analogous to the case shown in
Figure 3(c), a “coordination done” notification will be sent
to Si−1 and propagated along the downstream of the chain.

It is important to ensure that all the participating peers,
including S1, receive the “coordination done” notification
in time, so that they will not be unnecessarily alarmed.
Therefore, the decision (by a satellite that just completes
geolocation computation) on whether to request the next
arriving peer to join coordination must be made accord-
ing to whether TC-2 has become true. More specifically,
TC-2 is formulated by the expression getT ime() − t0 >
τ − (nδ+Tg), where t0 is the point of initial detection, τ is
the (system-level) deadline for alert-message delivery, δ is
the maximum inter-satellite message-delivery delay, n is the
satellite’s ordinal number which identifies its position in the
coordination chain, and Tg is the maximum amount of time
it takes a satellite to perform geolocation computation. Thus
the right side of the above inequality can be regarded as the
“local threshold” of the elapsed time, according to which Sn

will determine whether it should request Sn+1 to join the
coordination. More precisely, if the inequality (i.e., TC-2)
holds, then there will be no guarantee that Sn+1 will be able
to complete the next iteration and that all the satellites in the
downstream can receive the notification from Sn+1 in time.
In that case, Sn will decide to stop the iterative accuracy
improvement and send its geolocation result and “coordina-
tion done” message to the ground and Sn−1, respectively.
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Figure 3: Coordinated QoS Enhancement

By the same token, if TC-2 does not hold, then Sn will send
a coordination request to Sn+1 and will thereafter wait for
the “coordination done” message so long as the condition
getT ime() − t0 < τ − (n− 1)δ holds. If no such message
is received from Sn+1 when time expires, Sn will assume
that Sn+1 is unable to complete computation due to TC-3 or
Sn+1 becomes fail-silent, and thus Sn will send its geoloca-
tion result and “coordination done” message to the ground
and Sn−1, respectively, as shown in Figure 4 and described
earlier.

• • •• • •

"Coordination done"

(No reply by τ − (i−1)δ )

G
eolocation result

S N

S i+1S i

Figure 4: Guaranteed Geolocation Report

Alternatively, we may let Sn+1, the satellite that receives
a coordination request but is unable to carry out the com-
putation successfully, be responsible for sending the result
received from Sn to the ground. This would eliminate the
need for the “coordination done” message-passing along the
downstream of the chain. However, with the backward-
messaging scheme, the delivery of the alert message will be
guaranteed even if Sn+1 becomes fail-silent in the middle
of computation.

3.3 Discussion
The opportunity-adaptive nature of our approach thus

permits us to strive for the best possible QoS, while guar-
anteeing that in the worst case, with high probability the
preliminary geolocation result will be delivered in a timely
fashion. Therefore, the OAQ framework shares a con-
ceptual basis with the imprecise computation scheme [9],
which was motivated by the fact that one could often
trade off precision for timeliness. Imprecise computation
techniques prevent missed deadlines and provide graceful

degradation under a transient overload. With the impre-
cise computation scheme, optional tasks can be scheduled
to refine the result and can also be left unfinished at its
deadline, if necessary, lessening the quality of the computa-
tion. In contrast, the thrust in the OAQ framework is to pro-
gressively exploit peer coordination in a highly distributed
environment. The OAQ algorithm thus does not rely on
a scheduling authority or explicit task decomposition. In-
stead, the sequence and extent of result refinement depend
upon a dynamically determined opportunity.

The difference between our approach and the oppor-
tunistic scheduling framework [10] is that the matchmaker
in their framework focuses on system throughput, whereas
the QoS objective of the OAQ approach is a function of mul-
tiple system attributes and our algorithm requires no team
leader or decision authority. More importantly, since our
approach is intended to exploit mobile resource redundancy,
the derivation of our algorithm is driven by the resources’
readiness-to-serve, rather than the traditionally defined re-
source availability.

4 Model-Based Evaluation

4.1 Assumptions
In order to assess the effectiveness of the OAQ frame-

work, we conduct a model-based evaluation. The analytic
model is constructed according to the RF constellation de-
scribed in Section 2. We choose to use this constellation for
the quantitative study because 1) the design is conducted
in-house at JPL, and an interactive simulation model for vi-
sualization and coarse-grained quantitative measures (e.g.,
coverage time) is available, and 2) while its relatively small
size allows a closed-form solution of and efficient evalua-
tion experiments for the QoS measure, the design principle
of this constellation is consistent with those for constella-
tions that have massive numbers of nodes. Therefore, eval-
uation of this system suffices to serve the purpose of effec-
tiveness demonstration.

We assume that the constellation is protected by sched-
uled and threshold-triggered ground-spare deployment poli-
cies. By “scheduled ground-spare deployment policy,” we



mean a policy in which ground spares will be launched ac-
cording to a predetermined schedule to restore the constella-
tion to its original capacity (so that it will again be equipped
with a total of 112 satellites). In contrast, “threshold-
triggered ground-spare deployment policy” refers to a pol-
icy in which ground spares will be launched to restore an
orbital plane to its original capacity (i.e., 14 active satel-
lites plus 2 in-orbit spares), when the number of operational
satellites in the plane drops to a threshold.

As shown in Figure 1, due to the spherical shape of the
earth, the ratio of the total area covered by overlapped foot-
prints to that covered by single footprints changes across
different latitudes. In particular, the ratio is the lowest at the
equator and the highest at the poles. It follows that in our
assumed area of interest, which is around 30◦ north latitude,
the ratio is moderately high. Further, as shown by Figure 1
and the interactive simulation generated by the Satellite Or-
bit Analysis Program (SOAP), at around 30◦north (or south)
latitude, a location on or near the center line of a footprint
trajectory will be least likely to be covered by overlapped
footprints, relative to the locations at the two sides of the
trajectory (which are heavily overlapped with the footprint
trajectories of the adjacent planes). Hence, the situations in
which a signal is located at or near the center line of a foot-
print trajectory can be regarded as the worst case, given that
the emitting source is around 30◦ latitude. In order to be
conservative and keep the complexity of the analytic model
manageable, we let the QoS measure be formulated based
on this worst case. In addition, we assume that satellite fail-
ure will not occur during the interval from the initial signal
detection to the completion of the coordinated geolocation
computation4. Accordingly, we assume the use of the no-
backward-messaging option in this evaluation.

4.2 Model
4.2.1 QoS Measure

Since the OAQ framework allows us to strive for the best
possible accuracy for position determination with respect to
a dynamically determined opportunity, we define a measure
that quantifies a system’s ability to deliver service in terms
of QoS levels. More specifically, if the service delivered
by the constellation can be rated by n QoS levels, we can
let Y be a random variable that takes its value from the set
{y | y = 1, 2, . . . , n}. We thereby let the QoS measure
be the probability that the system will deliver a geoloca-
tion result with the quality at level y or above (given that
a signal occurs). More succinctly, we choose P (Y ≥ y)
as the QoS measure. In order to determine a QoS spectrum
that enumerates all the QoS levels relevant to the system in
question, we analyze the relationships between system be-

4As explained in Section 4.2.1, the coordination chain in this setting
will involve at most two satellites, implying that the likelihood that one or
more coordinating satellites will fail during the interval will be negligible.

havior and the geometry properties of the constellation as
follows.

As described in Section 2, when an orbital plane loses
satellites after spare exhaustion, geometric relations be-
tween the footprints of adjacent satellites will change; fur-
ther, the geometric relations between adjacent satellites can
be described in terms of Tr[k] and Tc. Since k denotes the
number of operational satellites that are actively in service
in a plane, we use the term “orbital-plane capacity” to re-
fer to the value of k. Clearly, a decrement of k will result
in an increased value of Tr[k]. Thus, the initial relation
Tr[k] < Tc may change to Tr[k] ≥ Tc over time, as shown
by Figures 5(a) and 5(b). Since 1) Tr[k] ≈ θ/k, where θ
is the time required for a satellite to orbit through the plane
and equals 90 minutes for the constellation in question, and
2) a satellite’s coverage time Tc (as defined in Section 2)
in this constellation is 9 minutes, the underlapping scenario
will happen when k is dropped to below 11.

1L [k] 2L [k]

Tc

rT [k]

(a) Tr[k] < Tc

1L [k]

2L [k]

Tc

rT [k]

(b) Tr[k] ≥ Tc

Figure 5: Geometric Relations of Footprints

To facilitate the formulation and solution of the QoS
measure, we introduce two auxiliary parameters L1[k] and
L2[k], as shown in Figures 5(a) and 5(b):

L1[k] =
(
Tr[k] − Tc

2

)
+

Tc

2
= Tr[k]

L2[k] = |Tc − L1[k]| = |Tc − Tr[k]|

In addition, since we wish to distinguish the overlapping
case from the underlapping case, we define an indicator
variable I[k] as follows:

I[k] =
{

1 if Tr[k] < Tc

0 otherwise
(1)

Then if we let M [k] denote the upper bound of the num-
ber of satellites that will consecutively capture a signal S,
given that the involved plane has k active operational satel-
lites and I[k] = 0, M [k] can be expressed as a function of
the deadline τ , and auxiliary parameters L1[k] and L2[k]
(we omit the derivation due to space limitations):

M [k] =

{
2 +

⌊
τ−L2[k]

L1[k]

⌋
if τ > L2[k]

1 otherwise
(2)



Since for the constellation in question, the footprints of
adjacent satellites in an orbital plane will be underlapping if
k < 11, Eq. (2) implies that the upper bound for the number
of satellites that will consecutively revisit a signal will be 2
(which enables a sequential dual coverage), if deadline τ
is less than 9 minutes (which is the case we assume in this
evaluation).

Together with the possible scenarios in which a signal
may 1) be captured by a simultaneous dual coverage (when
footprints overlap), 2) be covered by just a single footprint,
or 3) escape from surveillance (when footprints underlap),
the above discussion implies that the satellite constellation
in question has a 4-level QoS spectrum, as illustrated in Ta-
ble 1. We have thus completed measure definition and are
ready to discuss the method for solution.

Table 1: QoS Levels vs. Geometric Properties

Y = 3 Y = 2 Y = 1 Y = 0
Simultaneous Sequential Single Missing

I[k] dual dual coverage target

1
√ √

0
√ √ √

4.2.2 Measure Solution

The relationships between the constellation’s structural
degradation and QoS levels lead us to choose a decomposi-
tion approach for measure solution. Recall that 1) the mea-
sure is defined based on the assumption that the signal is
located at or near the center line of a footprint trajectory
and is far enough from the poles (where the footprint tra-
jectories of adjacent planes heavily overlap), and 2) there
are no shared spares between orbital planes. Accordingly,
structural variations of neighboring planes will have no ef-
fects on the QoS measure and thereby P (Y ≥ y) can be
evaluated on an individual plane basis. We thus start solu-
tion derivation from the following expression:

P (Y ≥ y) ≈
3∑

Y =y

14∑

k=9

P (Y = y | k)P (k) (3)

where we neglect the terms concerning the cases in which
k < 9 because the scheduled and threshold-triggered
ground-spare deployment policies make those cases ex-
tremely unlikely. Note that Eq. (3) decomposes P (Y ≥ y)
into two sets of constituent measures:

1) The conditional probability that the system will deliver
a geolocation result rated at QoS level y, given that the
involved plane has k active operational satellites; i.e.,
P (Y = y | k).

2) The probability that the involved plane has k active op-
erational satellites; i.e., P (k).

Because of the scheduled ground-spare deployment pol-
icy, we use UltraSAN [11], which supports deterministic ac-
tivity times, to compute the steady-state probability P (k).
Steady-state solutions of P (k) are feasible because the oc-
currence of a signal is assumed to be a Poisson process,
and the probability structure of what a Poisson arrival ob-
serves is identical to the steady-state probability structure
of the system [12]. Our SAN (stochastic activity network)
model represents a plane’s behavior concerning its struc-
tural degradation and scheduled/threshold-triggered spare
deployments, and is built based on the assumption that
satellite failures are statistically independent within an or-
bital plane. The independent failure assumption is reason-
able for our application, because within a plane the separa-
tion between neighboring satellites is a constant for a par-
ticular configuration (i.e., Tr[k]) and is adequate to ensure
environment diversity.

To solve for P (Y = y | k), we begin with analyzing
the problem based on the two timing diagrams shown in
Figure 6. In Figure 6(a), which is intended to support the
analysis for the overlapping case, we break the time hori-
zon into intervals αn and βn. Relating this timing diagram
to Figure 5(a), interval αn corresponds to the duration (with
a length L1[k] − L2[k]) through which an earth location (at
the center line of a footprint trajectory) can be covered by a
single footprint, while interval βn corresponds to the dura-
tion (with a length L2[k]) through which an earth location
can be covered by the overlapped footprints. The timing di-
agram in 6(b), which is intended to support the analysis for
the underlapping case, is depicted in an analogous way, but
interval γn corresponds to the duration (with a length L2[k])
through which an earth location will not be covered by any
footprints (see Figure 5(b)).

Based on the timing diagrams, we derive the following
theorems (but we omit the proofs due to space limitations):

Theorem 1 When Tr[k] < Tc, position determination of a
signal S can be accomplished by a simultaneous multiple
coverage only if S occurs in 1) interval βi, or 2) interval
αi, with at most τ or L1[k] −L2[k] time units, whichever is
smaller, away from interval βi.

Theorem 2 When Tr[k] ≥ Tc, position determination of
a signal S can be accomplished by a sequential multiple
coverage only if 1) τ > L2[k] and S occurs in interval αi

with at most L1[k] or τ time units, whichever is smaller,
away from αi+1, or 2) τ > L1[k] and S occurs in interval
γi with at most L1[k] + L2[k] or τ time units, whichever is
smaller, away from αi+2.

Note that the second (alternative) necessary condition in
Theorem 2 will never hold for this evaluation, because we
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Figure 6: Timing Diagrams

assume τ < 9 and thus τ ≤ L1[k] is true for all the under-
lapping cases (in which k < 11). Then, Theorems 1 and 2
lead us to define two more auxiliary parameters to facilitate
the solution derivation for P (Y = y | k):

L̂[k] = min {L1[k] − L2[k], τ}, L̃[k] = min {L1[k], τ}

Since the signal occurrence is assumed to be a Poisson
process, the distribution of the instants when the signals oc-
cur is the same as the uniform distribution of the event over
the same interval [13]. Consequently, if we let G3[k] de-
note the probability that the system will deliver a geoloca-
tion result rated at QoS level 3 (i.e., the position of a signal
is determined by a simultaneous dual coverage) given that
I[k] = 1 holds for the involved plane, we have

G3[k] =
∫ L̂[k]

0

1
L1[k]

Wx[k]
∫ τ−(L̂[k]−x)

0
h(z)dz dx

+
∫ L2[k]

0

1
L1[k]

∫ τ

0
h(z)dz dx (4)

where Wx[k] = 1 −
∫ L̂[k]−x

0 f(y)dy, which computes the
probability that the signal does not terminate before the ar-
rival of the overlapped footprints, while the integrals over h
evaluate the probability that the iterative computation com-
pletes before the deadline is reached. Note that f and h
are the probability density functions of signal duration and
iterative geolocation computation time, respectively. We
assume that signal duration is exponentially distributed,
which is a fairly typical assumption used in performance
modeling for telecommunication systems; we also assume
that iterative geolocation computation time is exponentially
distributed in order to allow the amount of time required for

result convergence to be nondeterministic. Note also that
the limits of the integrals are defined based on Theorem 1.

Since QoS level 3 can be achieved only if footprints over-
lap, P (Y = 3 | k) has the following expression:

P (Y = 3 | k) =
{

G3[k] if I[k] = 1
0 otherwise

(5)

Based on Theorems 1 and 2, we solve for P (Y = 2 | k)
and P (Y = 1 | k) in a similar fashion. Due to space lim-
itations, we omit further discussion of the solution method
and proceed to describe the evaluation results in the next
subsection.

4.3 Evaluation Results
In order to analyze the QoS gain from the use of the OAQ

algorithm, we also compute the measure for the basic fault-
adaptive QoS enhancement (BAQ) scheme for comparison.
The BAQ scheme refers to the case in which the constel-
lation is equipped with in-orbit spares and protected by
the scheduled and threshold-triggered ground-spare deploy-
ment policies, but does not apply the opportunity-adaptive
algorithm. Thus, when a signal is detected in a constellation
under the BAQ scheme, a geolocation result will be deliv-
ered after the initial computation based on either a single
coverage or simultaneous coverage, implying QoS level 2
is not applicable.

We first evaluate the constituent measure P (Y = y | k)
using MathematicaTM, based on the parameter values τ =
5, µ = 0.5, ν = 30 (µ and ν are the signal termination
rate and iterative computation completion rate, respectively;
time is quantified in minutes by default). As described in
Section 2, the values of θ and Tc are 90 and 9, respectively,
for the constellation in question.

The results shows that the OAQ scheme is able to push
a system’s QoS toward the high end, guaranteeing a result
with the best possible quality even in presence of severe
structural degradation. In particular, even when k = 12
(which implies two more satellite failures after spare ex-
haustion and a total loss of 25% of nodes in the plane), with
probability 0.44 the constellation will still be able to deliver
a geolocation result rated at QoS level 3. On the other hand,
the evaluation reveals that the value of P (Y = 3 | 12) is
only 0.20 with the BAQ scheme.

Next we evaluate the other constituent measure P (k) us-
ing UltraSAN. The results are shown in Figure 7, where
time is quantified in hours for λ (node failure rate) and φ
(time to scheduled ground-spare deployment), and η is the
threshold for the number of operational satellites in a plane
(meaning that ground-spare deployment will be triggered
when k = η). From the curves, we observe that when
protected by the scheduled and threshold-triggered ground-
spare deployment policies, the full orbital-plane capacity
(i.e., k = 14) will dominate when node-failure λ rate is



low. On the other hand, the threshold capacity (i.e., k = η)
tends to become dominant as failure rate increases. Specif-
ically, the value of P (10) in Figure 7 is very small when
λ = 10−5, but it rapidly increases and becomes dominant
as λ increases. The reason is that when satellites become
more vulnerable to failure, the capacity of an orbital plane
is likely to drop toward the threshold sooner. However,
as the threshold-triggered ground-spare deployment policy
prevents the scenario in which the plane’s capacity drops
below the threshold from happening, the likelihood that the
system is operating at its threshold capacity becomes dom-
inant when λ is high.
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Figure 7: Probability of Orbital-Plane Capacity

Using the results of the constituent measures and Eq. (3),
we evaluate P (Y = y) and P (Y ≥ y). Figure 8 compares
the probabilities that the OAQ and BAQ schemes will de-
liver a result rated at QoS level 3. For this evaluation exper-
iment, we set η to 12 and let φ remain 30000 hours (over
3 years). The curves show that under the OAQ scheme, the
system will achieve level-3 QoS with a greater probabil-
ity as signal completion rate µ decreases (i.e., mean signal
duration increases). More specifically, when µ decreases
from 0.5 to 0.2, P (Y = 3) increases up to 38% over the do-
main of λ considered. On the other hand, the same variation
does not yield any differences in the behavior of the BAQ
scheme. This exemplifies that the QoS gain from the use of
the OAQ scheme is due to its awareness and exploitation of
conditions that arise in the operational environment, while
the BAQ scheme ignores potential opportunities.

Figure 9 displays the results of the QoS measure P (Y ≥
y). The curves reveal that OAQ always makes the system
significantly more likely achieve higher levels of QoS than
BAQ does. In particular, when λ equals 10−5, the OAQ
scheme enables the system to achieve QoS level 2 or above
with a probability of 0.75, while with the BAQ scheme the
probability is only 0.33. When λ increases to 10−4, the sys-
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Figure 8: P (Y = 3) as a Function of λ

tem will achieve a QoS level of 2 or above with a probability
of 0.41 under the OAQ scheme, whereas the probability is
decreased to 0.04 under the BAQ scheme. Nonetheless, we
can observe that the values of P (Y ≥ 1) are always equal
for the two schemes (both are equal to 1 over the domain
of λ we consider), meaning that OAQ and BAQ perform
equally well with respect to guaranteeing the delivery of a
result rated at QoS level 1 or above. The results indeed
confirm that the major advantage of the OAQ scheme is its
ability to push a system’s performance to the high end of
the QoS spectrum while guaranteeing the timely delivery of
results with minimally acceptable quality.
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We also evaluate the QoS measure as a function of τ .
The results illustrate how the OAQ scheme achieves better
QoS by taking full advantage of the “time allowance.” Fi-
nally, when the QoS measure is evaluated as a function of
the mean signal duration, we observe that the OAQ scheme



is able to responsively treat a longer signal duration as the
extended opportunity to achieve better geolocation quality.

5 Concluding Remarks

We have developed an approach to coordinated, progres-
sive QoS optimization in satellite constellations. By letting
peer satellites successively join the coordinated geolocation
computation as they become ready to serve within the win-
dow of a dynamically determined opportunity, the OAQ al-
gorithm is able to guarantee the timely delivery of geoloca-
tion results with the best possible quality.

The results of this effort are meaningful. First, the OAQ
framework advocates a marriage between satellite constel-
lation and fault tolerance technologies. In particular, al-
though sequential localization was studied and proved to be
sound by the satellite research community, the techniques
have not been considered as a solution for tolerating the loss
of satellites in a constellation. The OAQ framework demon-
strates a novel, yet practical application of this satellite tech-
nology for fault tolerance in constellations that are vulner-
able to structural degradation. Further, we exploit peer-to-
peer message passing that is often used for distributed fault
tolerance to enable dynamic, progressive peer-satellite co-
ordination, eliminating the need for ground intervention.

Second, this effort shows that while the continuously
changing readiness-to-serve of satellites creates many dif-
ficulties for fault tolerance, their mobile nature can in-
deed be exploited to enable novel utility of resource redun-
dancy. More generally, from the perspective of fault toler-
ance in systems that comprise large populations of mobile
resources, the results of our investigation demonstrate the
feasibility of adaptation, extension, and generalization of
various existing fault tolerance concepts, such as analytic
redundancy, data diversity, environment diversity, imprecise
computation, and active/passive replication.

It is worth noting that the OAQ framework can be ex-
tended and generalized for many other applications. In
particular, as researchers in the wireless-networking area
have been investigating advanced applications of TCP/IP
and multicasting in satellite constellations, it will be fea-
sible to extend the OAQ concept to adapt those well-known
fault tolerance schemes, including group membership pro-
tocols, for use in micro- and pico-satellite constellations.
Accordingly, our current work is directed toward adapting
group membership management techniques to the applica-
tions in the environments of distributed autonomous mobile
computing.
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